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E LiP

1)Pinh nghiia : Tap hop cacdiém M caa mit phang sao chdViF, + MF, = 2a (2a khongioi
vaa>c>0) landt duong elip.

* F1,F,: ¢d dinh 1a hai tiéutiém va RF,=2c la tiéu ¢ caa elip.

* MF,, MF,: la cac ban kinh qua tiéu
y°

2) Phwong trinh chinh tic cia elip: _+F_l vdi b?=a?—c?.
a2

Vay diém M (x; yo)D(E)@aﬁ Zo—lvawolsa Iy £D.

3) T|nh,chat va hinh dang aia elip: ’
*Truc doi xtrng Ox (chira truc lon); Oy (chra truc bé). Tamidoi xang O.
*Dinh: A (-a;,0), A,(a;0), B, (0r-b ) vaB, (0; b). Bo dai tuc lon: 2a vado dai tuc bé :2b.
*Tiéu diém: Fi(—c; 0), R( c; 0).
*N 6i tiép trong hinh ch nhit co s PQRS c6 kich tinsc 2a va 2b & b*=a® —c?
I YA

W
o

a2

* Hai duong chun: x=+2—+2
e c

* M (% Yo)€(E): MF,=a+ exyva MF, =a—ex,

2 2

" . c +Ja“—b

*Tamsaie=—=——<1
a a

4) Tiép tuyén caa elip (E): _+y—2:12
b2

* Tai Mg (X0 Yo)O(E) c6 phrong trinh: X';Jr iozy 1
a’

* Pi quaM (x; y) laA: A(x—x) + B(y— y,) =0 vai diéu kién:
Atiép xUc (E) < A’a® + B%D? =C? véi A°+B*=0,C=—(Ax + By,)=0
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CACVIDU

2 2
Vi dul: Cho (E): 2+ =
9 4

1) Xacdinh tiéudiém,tiéu ar,do dai tuc lon,truc bé @a (E).
2) Viét phuong trinh tép tuyén aia (E) &i M (g;\/é)
3) Viét phuong trinh tép tuyén aia (E) vubng goc & duong thing 2x — 3y + 1= 0.
4) Viét phuong trinh tép tuyén cia (E)di qua M (3;3).
Giai:
2
1){a _9:{3 g c2=a?-b%=5=c=+/5
Tudo suyra: Tuclén :AA, =2a=6;Truc bé:BB,=2b=4;
Tiéu diém :Fl(—\@;o) ,FZ(\ﬁS;O); Tiéu ar:FF,=2c=2/5

X /3y

2) Tiép tuyén cia (E) ti M(— J3): Gt Tle 2 33y - 12=(

3) Vi tiép tuyén vubng goc &i duong thang 2x — 3y + 1= 0 nén phrong trinh c6 dng
3x+2y+C=0.

Diéu kién tiép xuc A%a® +B%H?=C2 = 81+16=C2 = C=+/97

Vay tiép tuyén cin tim cé plrong trinh: 3x + 2y +/97= C.

4) Cach 1:Phrong trinh tép tuyén cé ding:
Ax-3)+B(y-3)=0-= Ax+By-3A-B=(

Didu kién tiép xtc: 9A% + 4B% = (3A+ B = B2+ 18B= 0- o 18

*B=0= pttt :x-3=0

*x B=- %A chon A=5=>B=-18= pttt :5x— 18/ + 3% |

Cach 2:Goi (xo;Y,) 12 bado tidp didm=> ptit :% +% =1

Tiép tuyén di qua M (3;3) nén%+3—:/° =1= X, :%(4— 3y,)
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Yo=0=X,=3
Mit khac: LN (4- 3y, P + 4y2 = 160 24 15.
9 4 yO_E on_E

Thay vao ta ting duogc hai phrong trinh nl trén. o
Nhan xét:* Cach gii 2 ¢ bai 4 giup chung ta xatinh duoc toado ticp diem.
2 2
*(E): X— + E)/ =1 c6 hai tép tuyén thangdting x = +a, nhirng tiép tuyén con hi ludn co I
a’

sb goc.

Vi du 2: Biét Elips (E) c6 tam saé=% va tiéu & bang 8.
1) Lap phrong trinh (E).
2) Timdiem M O(E) sao choMF, = 2MF,
3) Cho N la mt diém bét ki thuwc (E). Ching minh éing ON? + NF,.NF,, khong ph thudc
vao N.
4) Tim trén (E) haitiém A,B sao cho A va B6i xing nhau qua Oxjong thyi AABC Vi
C(2;0) la tam giaaieéu.
Giai:
1 c_1
Lje== —==_Ja=2c=8_ 2__2__.2_ KLY
1) Taco: 2 =a 2:{c=4 =b°=a"-c°=48 = (E): = +2-=1.
2c=8 4
, 1 1
2) Goi M (xy;Yo)U(E) = |\/|F1:8+§X0; MF,= S_EXC
4/15
3

L)

Vay M(—
3) Gia sir: N(X; yO)D(E):>3x(2, + 4y2 =192

= ON? = x5 +yg: NF.NF,=a® - e4= 64_%)(5

= ON? + NF;NF, :%xg +ya+ 64:%(3(§+ 4y 3)+ 64= 11 khong ph thudc vao N.

4) Vi A, B d6i xang nhau qua Ox néA(X,; Yo), B(Xo,—Yo) VoI 3x§ + 4y§ =19z (1) vataco
thé gia st y, > 0.
Vi AABC can i C nénAABC déu « AB=BC « 3yZ = (x, — 2)° thay vao (1) tatwoc
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_8+12/51
13

3% +g(xo—2)2=192=» 1%5- 16&,—- 566 O X,

_8+12J€1:>y _ 12/ 51 !
13 °" 13/3
8—12\/31:> _ 12/ 51 !

Yo=———i—.
13 ° 13/3
Vay c0 hai @p diém théa man yéu &u bai toan.

*Voi X

*Véi x5 =
x? y? :

Vi du 3.Cho (E)m+75=1.ﬁm M thuc (E) nhin hai tiéudiém duwsi mot géc120

Giai: Taco: Fl(—5\/§;0) ,Fz( 5/_3;9 véez?

F.F,2 = MF2 + MF,2 - 2MFMF ,c0s120 — 42=(MF+ MF )° - MF MF .
- 4 =3°+eX, = Xy =0< yy =t5=>M (0§

Bai tap
1/ Tim tiéudiém,tiéu ar,do dai cac tnc,tam sai va todo cacdinh aia cac elip sau
a)4x% + 9y? = 36 2 +9y? =36
2/ Viét pt chinh ic aia (E) bét :
a) (E)di qua M (1;0) N(§ ;1] b):l(—@,o) vaMm [1;@)5(5)
3/Cho (E)9x° + 25y® = 22E. TimMO(E) biét
a)MF, = 2MF, BJE, =2MF,
2 2
4/ Cho (E):X—2 +§ =1 (a>b>0 vaMO(E). Ching minh éng :
a
a) MF.MF, + OM2 = a2 + b’ HMF, - MF,)? =4{0M?2 - b?)
X2 y2
5/ Cho (E):a_2+F= (a>b>0)

a) Ching minh ing b<OM <a OM O(E)

b) A;B Ia haidiém thuwc (E) sao cho OA vudng go&mvBO.Ching minh AB luén &p xuc
véi mot duong tron & dinh

c) Tim gia ti 16n nhat ,gia ti nho nhat caa dién tich tam giac OAB.
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6/ Chrng minh &ng tich cac khang cachi hai tiéudiém caa mot Elip dén mot tiep tuyén
tuy y cia no thi luén bng binh plrong aia ban tac be.

, ) , X2 y2 X2 y2
7/ Viét pheong trinh tEp tuyén chung aa hai Elip(E,): 16 + 5 =1va(E,): 5 + 16 =1

8/ a) Hayip phrong trinh chinhdc cia Elip (E), bét nd c6 hai tiéwiém Ia F,(—/10;0)
Fz(\/E;O) va ban tac 16n a=+/18.
b) Xétduong thang (d)tiép xtc i (E) va dt truc hoanhdi A, cit truc tung ti B. Hay xac
dinh dudng thing (d) sao cho tam gidc OAB coadi tich kbn nhit.
9/ Cho Elip(E): 4x* + 16y* = 64
a) Hay xaatinh céac tiéwiém F,,F, cua Elip.
b) Gia sir M 1a mot diém didong trén (E). Cing minh &ng t s khaang cachi M dén tiéu
diém phai F, vadén dusng thing xz% 12 Iudn ludn khongéi.
c) Choduong tron(C): x? + y? + 4/3x — 4= 0. Xét mbt dudng tron(C’) thayddi nhung
lubndi qua F, va tép xic ngoai ¥i duong tron(C). Hay tim qg tich tam N aaduong tron
(C).
X2 y2 ,
10/ Cho EIip(E):—2+F:1. Xét caadiem A (-a;0);A,(a;0); M (-a;m);N(a;n); ( mn
a
thaydai ).
a) Ching minh éing duong thing MN tiép xdc \6i (E) khi va chi khi mn=b?
b) Gia st M, N thaydoi nhung duong thing MN ludn tép xuc wi (E). Tim qu tich giao
diem | cua haiduong thang AN va AM .
c) Vi gia thiét nhe cau b) , hay xadinh taa d6 M,N sao cho tam giag,MN c6 dén tich
nho nhat. ’ ‘ 7 7
d) Gia sir MN tiép xuc Wi (E). Chrng minh &ng doan thang MN dugc nhin fr hai ti€udiém
caa (E) drdi mot goc vuong.

° oy

11/ Trong nit phang hadd cho EIip:% + 7 =1lvad/thang d,:mx—-y-1=0
a) Chrng minh &ng d. ludn cit (E) tai haidiém phan bt véi moi m.
b) Viét pheong trinh tép tuyén cia (E) xuit phéat tr N(1,—3)

2 2

2 2
12) Viét phrong trinh tép tuyén chung aa hai Elip:(E) :% + y_9 =1va(E) :% + g— =1

(o)}

2 2
13) Viét pt tt chung ta(E) :;—5 +)1/—6 =1vaduong tron(C): x* + y* =16
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